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Abstract—Let By be a left Bol three-web given on a 2r-dimensional smooth manifold, C' By the left
Bol three-web associated to the core of By, and let CC By be the left Bol three-web associated to the
core of C'By. We prove that the three-webs C B, and CC By are equivalent.
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Introduction. A three-web on a 2r-dimensional differentiable manifold M is a collection of three
smooth codimension r foliations which are in general position ([1], P. 9). We consider a special class of
three-webs, namely, left Bol three-webs, i.e., three-webs for which all leit Bol configurations formed by
leaves of the web are closed (see Figure). Here r-dimensional leaves of the first, the second, and the third
foliations of a three-web are represented, as usual, by vertical, horizontal, and inclined lines, respectively.

Let us describe how the configuration on the Figure is constructed. We choose two arbitrary
sufficiently close vertical leaves a and b and two arbitrary (also sufficiently close) horizontal leaves y
and 77, mark the points A and A where the leaves i and 7 meet the leaf a, take the inclined leaf of the web
passing through A, and then find successively the points B, C, and D. Similarly, starting from A, we find
the points B, C, and D. The points D and D do not belong, generally speaking, to the same vertical leaf
of the web. If these points belong to the same vertical leai, one says that the configuration B, presented
in Figure closes. A three-web for which all sufficiently small configurations By close is called a left Bol
three-web. Such a web is also denoted by By.

From this definition it follows that, on a left Bol web, a vertical leaf ¢ does not depend on the choice

of a horizontal leaf y, i.e., it is uniquely defined by given leaves a and b. Consequently, there is a binary
operation on the vertical foliation ¢ = a « b, called the core of the web By, ([2], P. 208; [1], P. 240—241).
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