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ABOUT THE MAXIMAL TERM OF THE DERIVATIVE
OF THE DIRICHLET SERIES

M.N. Sheremeta

1. Let 0 =Xy < A, T +00, n = 00, the Dirichlet series
F(s) = Z a,exp(sh,), s=o0+1it, (1)
n=0

have an abscissa of absolute convergence A € (—o00, +00], and p(o) = pu(o, F) = max{|a,|exp (c\,),
n > 0} be the maximal term of series (1). We denote by ©(A) a class of positive unbounded on
(—00, A) functions ® such that the derivative ®' is positive, continuous, and grows to +oo on
(=00, A). Let ¢ be a function inverse to ®', and V(o) = 0 — ®(0)/P'(0) be a function associated
with ® by Newton. Then the function ¢ is continuous on (0,+00) and increases to A while the
function ¥ is continuous on (—oo, A) and also increases to A. For the case A = +o0, the latter
property was proved in [1], one can analogously prove it for the case where A € (—o0, 4+00).
The main result of the present article is the following

Theorem 1. Let A € (—o0,+00|, ® € Q(A), the Dirichlet series (1) have the abscissa of
absolute convergence A, and

Tim lnp(o, F) _ 1. (2)
o—A (P(o’)
Then
L AL B (3)

and if we have, in addition,

then

e plo, F')
lﬂu(a,F)(I)’(\I/_l(U)) =1 (5)

The exactness of estimate (3) is undoubtful. The following theorem shows the unimprovability
of estimate (5).

Theorem 2. Let A € (—oo,+o0], ® € Q(A), and

Fo(s) = 3 expl-An¥(p(A) + sAn}.
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