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partisans of foundational frameworks such as predicativism. In doing so we show that
the existence of the set of sentences which are computably entailed is equivalent over
ACAq to 113 comprehension.
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We introduce a general notion of semantic structure for first-order theories, covering
a variety of constructions such as Tarski and Kripke semantics, and prove that, over
Zermelo Fraenkel set theory (ZF), the completeness of such semantics is equivalent to
the Boolean Prime Ideal theorem (BPI). In particular, we deduce that the completeness
of that type of semantics for non-classical theories is unprovable in intuitionistic Zermelo
Fraenkel set theory IZF ([4]). Using results of Joyal ([2]) and McCarty ([3]), we conclude
also that the completeness of Kripke semantics is equivalent, over IZF, to the Law of
Excluded Middle plus BPI. By results in [1], none of these two principles imply each
others, and so this gives the exact strength of Kripke completeness theorem in the sense
of constructive reverse mathematics.
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We extend the limitwise monotonicity notion to the case of arbitrary computable lin-
ear ordering to get a set which is limitwise monotonic precisely in the non-computable
degrees. Also we get a series of connected non-uniformity results to obtain new exam-
ples of non-uniformly equivalent families of computable sets with the same enumeration
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