
� � � � � � � � � � � � � � � � � � � � � � � � � � � � � �

2000 ���������� ò 6 (457)

��� 517.54

�.�. �������

� ���������� ��������
������������ ������������ ��������

�­®£¨¥ íªáâà¥¬ «ì­ë¥ ¯à®¡«¥¬ë ¤«ï ª« áá®¢  ­ «¨â¨ç¥áª¨å äã­ªæ¨© á¢®¤ïâáï ª § ¤ ç ¬ ®
­¥­ «¥£ îé¨å ®¡« áâïå (­ ¯à., [1], á. 552{554; [2]; ®¡§®à ­®¢ëå à¥§ã«ìâ â®¢ ¢ íâ®¬ ­ ¯à ¢«¥­¨¨
¨¬¥¥âáï ¢ [3]). �ãáâì D | ®¡« áâì ª®¬¯«¥ªá­®© áä¥àë C : �¡®§­ ç¨¬ ç¥à¥§ gD(z; z0) äã­ªæ¨î
�à¨­  ®¡« áâ¨ D á ¯®«îá®¬ z0; ¢­ãâà¥­­¨© à ¤¨ãá D ®â­®á¨â¥«ì­® z0

r(D; z0)
def=

8<
:
exp

�
lim
z!z0

(gD(z; z0) + log jz � z0j)
�
; z0 6=1;

exp
�
lim
z!z0

(gD(z; z0)� log jzj)�; z0 =1:

�®«®¦¨¬ D� def= fz : 1=z 2 Dg:
P ¡®â  ¯®á¢ïé¥­  à¥è¥­¨î á«¥¤ãîé¥© § ¤ ç¨, ¯®áâ ¢«¥­­®© ¢ ®¡§®à­®© áâ âì¥ [4]. �ãáâì Bk;

k = 0; : : : ; n; | ¯®¯ à­® ­¥­ «¥£ îé¨¥ ®¡« áâ¨ ¢ C ; ak 2 Bk: � ©â¨ â®ç­ãî ¢¥àå­îî £à ­ì ¯à®-

¨§¢¥¤¥­¨ï
nQ

k=0
r(Bk; ak) ¯à¨ ãá«®¢¨ïå a0 = 0; jakj = 1; Bk = B�k; k = 1; : : : ; n: � ­­ ï ¯®áâ ­®¢ª 

ãá¨«¨¢ ¥â § ¤ çã � åâ¨­®© [5], £¤¥ ¯à¥¤¯®« £ « áì ®¤­®á¢ï§­®áâì ®¡« áâ¥© Bk ¨ ¢ë¯®«­ï«®áì
ãá«®¢¨¥ B0 � fz : jzj < 1g; ¯à¨ íâ¨å ¯à¥¤¯®«®¦¥­¨ïå ¢ [5] ¡ë«  ¯®«ãç¥­  ª ç¥áâ¢¥­­ ï å à ª-
â¥à¨áâ¨ª  íªáâà¥¬ «ì­®© ª®­ä¨£ãà æ¨¨ ¢ â¥à¬¨­ å ª¢ ¤à â¨ç­ëå ¤¨ää¥à¥­æ¨ «®¢ ([6], á. 48).

�¥®à¥¬ . �ãáâì B0; : : : ; Bn (n > 2) | ­¥­ «¥£ îé¨¥ ®¡« áâ¨ ¢ C ; ak 2 Bk; k = 0; : : : ; n;
a0 = 0; jakj = 1; k = 1; : : : ; n; Bk = B�k; k = 1; : : : ; n: �®£¤ 

nY
k=0

r(Bk; ak) � 22n+1=n

(n2 � 2)n=2+1=n

�
n�p

2

n+
p
2

�p2
: (1)

�á«¨ ª â®¬ã ¦¥ ®¡« áâ¨ Bk ¨¬¥îâ ª« áá¨ç¥áª¨¥ äã­ªæ¨¨ �à¨­ , â® à ¢¥­áâ¢® ¢ (1) ¤®-
áâ¨£ ¥âáï â®£¤  ¨ â®«ìª® â®£¤ , ª®£¤  â®çª¨ ak ¨ ®¡« áâ¨ Bk ï¢«ïîâáï á®®â¢¥âáâ¢¥­­®

¯®«îá ¬¨ ¨ ªàã£®¢ë¬¨ ®¡« áâï¬¨ ª¢ ¤à â¨ç­®£® ¤¨ää¥à¥­æ¨ « 

Q(z)dz2 = �(�z)
2n + (2n2 � 2)(�z)n + 1
z2((�z)n � 1)2

dz2; j�j = 1:

�å¥¬  ¤®ª § â¥«ìáâ¢ . �ãáâì ak = exp(i�k); 0 = �1 < � � � < �n < �n+1 = 2�; 'k = �k+1 � �k;
k = 1; : : : ; n: � áá¬®âà¨¬ ¤¢  á«ãç ï.

1. �à¥¤¯®«®¦¨¬, çâ® 'k � �
p
2; k = 1; : : : ; n: �ãáâì Di = fz : jzj < 1; �i < arg z < �i+1g:

�áãé¥áâ¢¨¬ à §¤¥«ïîé¥¥ ¯à¥®¡à §®¢ ­¨¥ [7] ª ¦¤®© ®¡« áâ¨ Bk ®â­®á¨â¥«ì­® ¯®¤å®¤ïé¥£® á¥-
¬¥©áâ¢  äã­ªæ¨©, ª®­ä®à¬­® ®â®¡à ¦ îé¨å ®¡« áâ¨ Di, D�

i ; i = 1; : : : ; n; ­  ¯®«ã¯«®áª®áâì.

� ¡®â  ¢ë¯®«­¥­  ¯à¨ ä¨­ ­á®¢®© ¯®¤¤¥à¦ª¥ �®áá¨©áª®£® ä®­¤  äã­¤ ¬¥­â «ì­ëå ¨áá«¥¤®¢ ­¨©
(£à ­â 99-01-00443) ¨ �¥¦¤ã­ à®¤­®© á®à®á®¢áª®© ¯à®£à ¬¬ë ®¡à §®¢ ­¨ï ¢ ®¡« áâ¨ â®ç­ëå ­ ãª (£à ­â
s97-336).
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�¥¬ á ¬ë¬ ­ å®¦¤¥­¨¥ â®ç­®© ¢¥àå­¥© £à ­¨ «¥¢®© ç áâ¨ (1) á¢®¤¨âáï ª ®æ¥­ª¥ n ¯à®¨§¢¥¤¥-
­¨© ¢¨¤  ra(G1;1)r(G2; 2i)r(G3;�2i); £¤¥ G1, G2 ¨ G3 | ­¥­ «¥£ îé¨¥ ®¡« áâ¨ ¢ C : �æ¥­¨¢ ï
ãª § ­­ë¥ ¯à®¨§¢¥¤¥­¨ï á ¯®¬®éìî â¥®à¥¬ë 1 ¨§ [8] ¨ ¨áá«¥¤ãï ¯®«ãç¥­­®¥ ¢ëà ¦¥­¨¥ ­ 
íªáâà¥¬ã¬, ¯à¨å®¤¨¬ ª ­¥à ¢¥­áâ¢ã (1).

2. �ãáâì ¤«ï ®¯à¥¤¥«¥­­®áâ¨ 'n > �
p
2: �®¢â®àïï ¤®ª § â¥«ìáâ¢® â¥®à¥¬ë 4 ¨§ [7] á ãç¥â®¬

íâ®£® ãá«®¢¨ï, ¯®«ãç¨¬ ¤«ï ¯à®¨§¢¥¤¥­¨ï
nQ

k=0
r(Bk; ak) ¢¥àå­îî ®æ¥­ªã, áâà®£® ¬¥­ìèãî ¯à ¢®©

ç áâ¨ (1).
�â¢¥à¦¤¥­¨¥ ® á«ãç ¥ à ¢¥­áâ¢  ­¥âàã¤­® ¯®«ãç¨âì ¨§ á®®â¢¥âáâ¢ãîé¥£® ãâ¢¥à¦¤¥­¨ï â¥-

®à¥¬ë 5 ¨§ [7].
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