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� ¤ ­­®© áâ âì¥ ¢ë¢®¤¨âáï ®æ¥­ª  ãª«®­¥­¨ï âà¨£®­®¬¥âà¨ç¥áª®£® ¨­â¥à¯®«ïæ¨®­­®£® ¯®-
«¨­®¬  � £à ­¦  ¯® à ¢­®®âáâ®ïé¨¬ ã§« ¬ ®â ¨­â¥à¯®«¨àã¥¬®© äã­ªæ¨¨, ¥á«¨ ¯®á«¥¤­ïï
¢áî¤ã ­¥¯à¥àë¢­  ¨ ¨¬¥¥â m-£ à¬®­¨ç¥áªãî ®£à ­¨ç¥­­ãî ¢ à¨ æ¨î ­  ¯¥à¨®¤¥. �§ ¯®«ãç¥­-
­®© ®æ¥­ª¨ á«¥¤ã¥â à ¢­®¬¥à­ ï áå®¤¨¬®áâì á®®â¢¥âáâ¢ãîé¥£® ¨­â¥à¯®«ïæ¨®­­®£® ¯à®æ¥áá 
¤«ï äã­ªæ¨© ãª § ­­®£® ª« áá .

�¢¥¤¥¬ ­¥®¡å®¤¨¬ë¥ ®¡®§­ ç¥­¨ï. �ãáâì m | ­ âãà «ì­®¥ ç¨á«®, f | 2�-¯¥à¨®¤¨ç¥áª ï
äã­ªæ¨ï, § ¤ ­­ ï ­  ¢¥é¥áâ¢¥­­®© ®á¨. �¥à¥§ Vm;H(f ; a; b) ®¡®§­ ç¨¬ m-£ à¬®­¨ç¥áªãî ¢ à¨-
 æ¨î äã­ªæ¨¨ f ­  ®âà¥§ª¥ [a; b], â. ¥. [1]

Vm;H(f ; a; b) = sup
1X
n=1

j4mf(In)j
n

; (1)

£¤¥

4mf(In) � 4mf(an; bn) =
mX
�=0

(�1)m��C�
mf(an + �hn);

hn = (bn � an)=m;

  ¢¥àå­ïï £à ­ì ¢ (1) ¡¥à¥âáï ¯® ¢á¥¢®§¬®¦­ë¬ ¯®á«¥¤®¢ â¥«ì­®áâï¬ fIng ­¥¯¥à¥á¥ª îé¨åáï
¨­â¥à¢ «®¢ In = (an; bn), «¥¦ é¨å ¢ [a; b].

�¥à¥§ CHBVm ®¡®§­ ç¨¬ ª« áá ­¥¯à¥àë¢­ëå 2�-¯¥à¨®¤¨ç¥áª¨å äã­ªæ¨© f , ¤«ï ª®â®àëå
Vm;H(f ; 0; 2�) <1.

�â¬¥â¨¬, çâ® ¯à¨ m = 1 á®®â¢¥âáâ¢ãîé¨© ª« áá ¡ë« ¢¢¥¤¥­ ¢ [2]. � ¬ ¦¥ ¡ë«  ¤®ª § ­ 
à ¢­®¬¥à­ ï áå®¤¨¬®áâì âà¨£®­®¬¥âà¨ç¥áª®£® àï¤  �ãàì¥ ¤«ï äã­ªæ¨© ª« áá  CHBV1.

�ãáâì ¤ «¥¥ � | ¯à®¨§¢®«ì­®¥ ¢¥é¥áâ¢¥­­®¥ ç¨á«®,

xk;n � xk;n(�) = � + 2k�=(2n+ 1);

tk;n(x) =
sin[(n+ 1=2)(x � xk;n)]
(2n+ 1) sin[(x� xk;n)=2]

=
(�1)k sin[(n+ 1=2)(x � �)]
(2n+ 1) sin[(x� xk;n)=2]

; (2)

k = 0;�1; : : : ; n = 0; 1; 2; : : :

�¥à¥§ Ln(f ;x) � Ln;�(f ;x), n = 1; 2; : : : , ®¡®§­ ç¨¬ âà¨£®­®¬¥âà¨ç¥áª¨© ¯®«¨­®¬ ¯®àï¤ª  ­¥
¢ëè¥ n, á®¢¯ ¤ îé¨© á äã­ªæ¨¥© f ¢ ã§« å xk;n, k = 0;�1; : : : (âà¨£®­®¬¥âà¨ç¥áª¨© ¨­â¥à¯®-
«ïæ¨®­­ë© ¯®«¨­®¬ � £à ­¦ ). � ª ¨§¢¥áâ­® (­ ¯à., [3], £«. �, x 1, á. 10),

Ln(f ;x) =
nX

k=�n

f(xk;n)tk;n(x):

�ãáâì, ­ ª®­¥æ, !(f; �) | ¬®¤ã«ì ­¥¯à¥àë¢­®áâ¨ äã­ªæ¨¨ f .
�§¢¥áâ­ 
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�¥¬¬  1 ([4]). �ãáâì m ¨ N | ­ âãà «ì­ë¥ ç¨á« , ¯à¨ç¥¬ N > m; �k, k = 1; N , |

¯à®¨§¢®«ì­ë¥ ç¨á« . �®£¤  á¯à ¢¥¤«¨¢® â®¦¤¥áâ¢®

NX
k=1

�k =
1
2m

� N�mX
k=1

mX
�=0

C�
m�k+� +

mX
j=1

Dm;j�j +
NX

j=N�m+1

Dm;N�j+1�j

�
;

£¤¥ Dm;j =
mP
i=j

C i
m.

�á­®¢­®© à¥§ã«ìâ â à ¡®âë ¯à¥¤áâ ¢«ï¥â

�¥®à¥¬  1. �ãáâì f 2 CHBVm ¯à¨ ­¥ª®â®à®¬ ­ âãà «ì­®¬ m. �®£¤  ¯à¨ ¢á¥å ­ âãà «ì-

­ëå n ¨ «î¡ëå ¢¥é¥áâ¢¥­­ëå � ¨ x á¯à ¢¥¤«¨¢® ­¥à ¢¥­áâ¢®

jLn;�(f ;x)� f(x)j � inf
�2(0;�=2)

�
m

2m+1

�
Vm;H(f ;x� �; x) + Vm;H(f ;x; x+ �)

�
+ 2!

�
f ;

2�
2n+ 1

�
+

+m

�
�3

12
+ 2

�
!(f ; �) +

1
�

�
2�!(f; �)
2n+ 1

+ !

�
f ;

2�
2n+ 1

���
: (3)

�®ª § â¥«ìáâ¢®. �¥ ã¬¥­ìè ï ®¡é­®áâ¨, ¬®¦¥¬ áç¨â âì, çâ® x 2 [x�1;n; x0;n) (¥á«¨ ¡ë
x 2 [xk;n; xk+1;n), â® ¬®¦­® ¡ë«® ¡ë ¯¥à¥©â¨ ª äã­ªæ¨¨ '(�) = f(� � x�1;n + xk;n)). �®áª®«ìªã
Ln(f ;xk;n)� f(xk;n) = 0, k = 0;�1; : : : ; ¤ «¥¥ ¡ã¤¥¬ áç¨â âì, çâ®

x�1;n < x < x0;n: (4)

� á¨«ã ¨§¢¥áâ­®£® â®¦¤¥áâ¢  (­ ¯à., [5], £«. 1, x 1.5, á. 19)
nP

k=�n
tk;n(x) = 1 ¨¬¥¥¬

Ln;�(f ;x)� f(x) =
nX

k=�n

(f(xk;n)� f(x)) tk;n(x) =
�1X

k=�n

+
nX

k=0

: (5)

�æ¥­¨¬ ¢â®àãî áã¬¬ã ¢ ¯à ¢®© ç áâ¨ (5). �ë¡¥à¥¬ ¯à®¨§¢®«ì­®¥ � ¨§ ¨­â¥à¢ «  (0; �=2).
�ãáâì N = N(n; x; �) ®¯à¥¤¥«ï¥âáï ¨§ ãá«®¢¨ï

xN;n � x+ � < xN+1;n: (6)

�®«®¦¨¬ g(t) � gx(t) = f(t)� f(x). �¬¥¥¬

nX
k=0

(f(xk;n)� f(x))tk;n(x) =
nX

k=0

g(xk;n)tk;n(x) =

= g(x0;n)t0;n(x) +
NX
k=1

g(xk;n)tk;n(x) +
nX

k=N+1

g(xk;n)tk;n(x): (7)

�§ ¨§¢¥áâ­®£® ­¥à ¢¥­áâ¢  (­ ¯à., [6], ç. I, £«. IV, x 2, á. 114) j sinntj � nj sin tj (�1 < t < +1)
á«¥¤ã¥â, çâ®

jtk;n(x)j � 1; k = 0;�1; : : : ; n = 1; 2; : : : (8)

�âáî¤  á ãç¥â®¬ (4) ¯®«ãç ¥¬

jg(x0;n)t0;n(x)j � jg(x0;n)j = jf(x0;n)� f(x)j � !(f ; 2�=(2n + 1)): (9)
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�®á¯®«ì§®¢ ¢è¨áì «¥¬¬®© 1, ¯à¥®¡à §ã¥¬ ¯¥à¢ãî áã¬¬ã, áâ®ïéãî ¢ ¯à ¢®© ç áâ¨ (7), ¯à¨
N > m (á«ãç © N � m à áá¬®âà¨¬ ­¨¦¥)

NX
k=1

g(xk;n)tk;n(x) =
1
2m

�N�mX
k=1

mX
�=0

C�
mg(xk+�;n)tk+�;n(x) +

+
mX
j=1

Dm;jg(xj;n)tj;n(x) +
NX

j=N�m+1

Dm;N�j+1g(xj;n)tj;n(x)
�
: (10)

�æ¥­¨¬ á­ ç «  ¢â®àãî ¨ âà¥âìî áã¬¬ë ¨§ ¯à ¢®© ç áâ¨ (10). � ãç¥â®¬ (8)
����

mX
j=1

Dm;jg(xj;n)tj;n(x)
���� � max

j=1;m
jg(xj;n)j

mX
j=1

Dmj =

= max
j=1;m

jf(xj;n)� f(x)j
mX
j=1

mX
i=j

C i
m � !(f ; �)

mX
s=1

sCs
m = !(f ; �)m

mX
s=1

Cs�1
m�1

¨, §­ ç¨â,
����

mX
j=1

Dmjg(xj;n)tj;n(x)
���� � m � 2m�1!(f ; �): (11)

�¢¨¤ã (8)
����

NX
j=N�m+1

Dm;N�j+1g(xj;n)tj;n(x)
���� � !(f ; �)

NX
j=N�m+1

Dm;N�j+1 = !(f; �)
mX
s=1

Dms

¨  ­ «®£¨ç­® ¯à¥¤ë¤ãé¥¬ã ¯®«ãç ¥¬

����
NX

j=N�m+1

Dm;N�j+1g(xj;n)tj;n(x)
���� � m � 2m�1!(f ; �): (12)

�æ¥­¨¬ ¤¢®©­ãî áã¬¬ã ¢ ¯à ¢®© ç áâ¨ (10). �§ (2), (4) ¨ (6) á«¥¤ã¥â

sign tk;n(x) = (�1)k; k = 1; N: (13)

�âáî¤  ¯®«ãç ¥¬

N�mX
k=1

mX
�=0

C�
mg(xk+�;n)tk+�;n(x) =

N�mX
k=1

(�1)k
mX
�=0

(�1)�C�
mg(xk+�;n)jtk+�;n(x)j =

=
N�mX
k=1

(�1)k
mX
�=0

(�1)�C�
mg(xk+�;n)jtk;n(x)j �

N�mX
k=1

(�1)k
mX
�=0

(�1)�C�
mg(xk+�;n)(jtk;n(x)j � jtk+�;n(x)j) =

=
N�mX
k=1

tk;n(x)
mX
�=0

(�1)�C�
mg(xk+�;n)�

�
N�mX
k=1

(�1)k
mX
�=0

(�1)�C�
mg(xk+�;n)(jtk;n(x)j � jtk+�;n(x)j) � S1 � S2: (14)

� «¥¥ ¨¬¥¥¬ S1 = (�1)m
N�mP
k=1

tk;n(x)�mg(xk;n; xk+m;n). �® ¯à¨ k = 1; N �m ¨§ (2) á ãç¥â®¬

(4) á«¥¤ã¥â

jtk;n(x)j �
1

(2n+ 1) sin[(xk;n � x0;n)=2]
=

1
(2n+ 1) sin(k�=(2n + 1))

�
1
2k
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¨, á«¥¤®¢ â¥«ì­®, ¢ á¨«ã ¢ë¡®à  N

jS1j �
N�mX
k=1

j�mg(xk;n; xk+m;n)j
2k

�
m

2
Vm;H(g;x; x + �)

¨, §­ ç¨â,

jS1j �
m

2
Vm;H(f ;x; x+ �): (15)

�«ï ®æ¥­ª¨ S2 § ¬¥â¨¬, çâ® ¯à¨ k = 1; N �m, � = 0;m ¨§ (2) á ãç¥â®¬ (4) ¡ã¤¥¬ ¨¬¥âì

jtk;n(x)j � jtk+�;n(x)j =
j sin[(n+ 1=2)(x � �)]j

2n+ 1

�
1

sin[(xk;n � x)=2]
�

1
sin[(xk+�;n � x)=2]

�
=

=
j sin[(n+ 1=2)(x � �)]j

2n+ 1
2 sin[(xk+�;n � xk;n)=4] cos[(xk+�;n + xk;n � 2x)=4]

sin[(xk;n � x)=2] sin[(xk+�;n � x)=2]
:

�âáî¤ , ãç¨âë¢ ï (4) ¨ ­¥ª®â®àë¥ å®à®è® ¨§¢¥áâ­ë¥ í«¥¬¥­â à­ë¥ ­¥à ¢¥­áâ¢ , ¯®«ãç ¥¬

��jtk;n(x)j � jtk+�;n(x)j�� � 2 sin[(xk+�;n � xk;n)=4]
(2n+ 1) sin[(xk;n � x0;n)=2] sin[(xk+�;n � x0;n)=2]

=

=
2 sin[��=(4n+ 2)]

(2n+ 1) sin[k�=(2n+ 1)] sin[(k + �)�=(2n+ 1)]
�

�
��=(2n+ 1)

(2n+ 1)[2k�=�(2n + 1)][2(k + �)�=�(2n+ 1)]
=

��

4k(k + �)
�

m�

4k2
:

�«¥¤®¢ â¥«ì­®,����
mX
�=0

(�1)�C�
mg(xk+�;n)(jtk;n(x)j � jtk+�;n(x)j)

���� � m�

4k2
sup

x�t�x+�
jg(t)j

mX
�=0

C�
m �

�m2m

4k2
!(f; �):

�âáî¤ 

jS2j �
�m2m

4
!(f; �)

N�mX
k=1

1
k2

<
�m2m

4
!(f; �)

1X
k=1

1
k2

¨, §­ ç¨â,

jS2j <
�3m2m

24
!(f; �): (16)

�®¤áâ ¢¨¬ (15) ¨ (16) ¢ (14),   § â¥¬ ¯®«ãç¥­­®¥ ­¥à ¢¥­áâ¢®,   â ª¦¥ (11) ¨ (12) ¢ (10). �
à¥§ã«ìâ â¥ ¡ã¤¥¬ ¨¬¥âì

����
NX
k=1

g(xk;n)tk;n(x)
���� � m

2m+1
Vm;H(f ;x; x+ �) +

�
�3m

24
+m

�
!(f ; �): (17)

�à¨ N � m ¢ë¯®«­¥­® ¡®«¥¥ á¨«ì­®¥ ­¥à ¢¥­áâ¢®. �¥©áâ¢¨â¥«ì­®, ¯à¨ N � m, ãç¨âë¢ ï
(8) ¨ (6), ¨¬¥¥¬

����
NX
k=1

g(xk;n)tk;n(x)
���� �

NX
k=1

jg(xk;n)j �
NX
k=1

!(f ; �) � N!(f ; �) � m!(f ; �):

�¥à¥å®¤¨¬ ª ®æ¥­ª¥ ¯®á«¥¤­¥© áã¬¬ë ¢ ¯à ¢®© ç áâ¨ (7). �¡®§­ ç¨¬ ¤«ï ªà âª®áâ¨ ak �

ak;n(x) :=
nP

j=k
tj;n(x), gk := g(xk;n), k = 1; n, an+1 := 0. �à¨¬¥­¨¬ ª ®æ¥­¨¢ ¥¬®© áã¬¬¥ ¯à¥®¡à -

§®¢ ­¨¥ �¡¥«ï
nX

k=N+1

gktk;n(x) =
nX

k=N+1

gk(ak � ak+1) = gN+1aN+1 +
nX

k=N+2

(gk � gk�1)ak: (18)
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�§ (2) á ãç¥â®¬ (4) á«¥¤ã¥â ­¥à ¢¥­áâ¢® jtk;n(x)j � jtk+1;n(x)j, k = 1; n� 1. �âáî¤  ¨ ¨§ (13)
¯®«ãç ¥¬ jakj � jtk;n(x)j, k = 1; n� 1, ¨, ¯®áª®«ìªã janj = jtn;n(x)j, ¨§ (18) á«¥¤ã¥â ®æ¥­ª 

����
nX

k=N+1

gktk;n(x)
���� � jgN+1j jtN+1;n(x)j+ max

k=N+2;n
jf(xk;n)� f(xk�1;n)j

nX
k=N+2

jtk;n(x)j:

�® ¢¢¨¤ã (2) ¨ (6) jtk;n(x)j � 1
(2n+1) sin(�=2)

� �
(2n+1)�

, k = N + 1; n. �à®¬¥ â®£®, jgN+1j = jf(xN+1;n)�
f(x)j � !(f; �). �âáî¤  ¨ ¨§ ¯à¥¤ë¤ãé¥£® ­¥à ¢¥­áâ¢  ­ å®¤¨¬

����
nX

k=N+1

g(xk;n)tk;n(x)
���� � �!(f; �)

(2n+ 1)�
+ !

�
f ;

2�
2n+ 1

�
n�N + 1
(2n+ 1)�

:

�®¤áâ ¢«ïï íâã ®æ¥­ªã,   â ª¦¥ (9) ¨ (17) ¢ (7), ¯®«ãç¨¬
����

nX
k=0

(f(xk;n)� f(x))tk;n(x)
���� � m

2m+1
Vm;H(f ;x; x+ �) +

+ !

�
f ;

2�
2n+ 1

�
+
�
�3m

24
+m

�
!(f ; �) +

1
�

�
�!(f ;�)
2n+ 1

+
1
2
!

�
f ;

2�
2n+ 1

��
:

�­ «®£¨ç­ë¬ ®¡à §®¬ ¬®¦­® ¯à®¢¥áâ¨ ®æ¥­¨¢ ­¨¥ ¯¥à¢®© áã¬¬ë ¢ ¯à ¢®© ç áâ¨ (5). �¬¥­-
­®, ¤«ï íâ®© áã¬¬ë á¯à ¢¥¤«¨¢  ®æ¥­ª 

����
�1X

k=�n

(f(xk;n)� f(x))tk;n(x)
���� � m

2m+1
Vm;H(f ;x� �; x) + !

�
f ;

2�
2n+ 1

�
+

+
�
�3m

24
+m

�
!(f ; �) +

1
�

�
�!(f ;�)
2n+ 1

+
1
2
!

�
f ;

2�
2n+ 1

��
:

�§ ¤¢ãå ¯®á«¥¤­¨å ­¥à ¢¥­áâ¢ á«¥¤ã¥â ãâ¢¥à¦¤¥­¨¥ â¥®à¥¬ë.

�§¢¥áâ­® [1], [4], çâ® CHBVm � CHBVm+1, m = 1; 2; : : : � á¢ï§¨ á íâ¨¬ ¥áâ¥áâ¢¥­­® ¢¢¥áâ¨
®¡®§­ ç¥­¨¥

CHBV1 :=
1[

m=1

CHBVm:

�¥à¥©¤¥¬ ª ¤®ª § â¥«ìáâ¢ã à ¢­®¬¥à­®© áå®¤¨¬®áâ¨ âà¨£®­®¬¥âà¨ç¥áª®£® ¨­â¥à¯®«ïæ¨®­-
­®£® ¯à®æ¥áá  ¯® à ¢­®®âáâ®ïé¨¬ ã§« ¬ ­  ª« áá¥ CHBV1. �®âà¥¡ã¥âáï á«¥¤ãîé ï

�¥¬¬  2. �ãáâì äã­ªæ¨ï f ­¥¯à¥àë¢­  ­  ®âà¥§ª¥ [a; b] ¨ Vm;H(f ; a; b) <1 ¯à¨ ­¥ª®â®à®¬

­ âãà «ì­®¬ m. �®£¤  ¯à¨ «î¡®¬ 
 2 (0; b � a) á¯à ¢¥¤«¨¢ë á®®â­®è¥­¨ï

 ) lim
x0!x+0

Vm;H(f ;x; x0) = 0 à ¢­®¬¥à­® ¯® x 2 [a; b� 
],

¡) lim
x0!x�0

Vm;H(f ;x0; x) = 0 à ¢­®¬¥à­® ¯® x 2 [a+ 
; b].

�®ª § â¥«ìáâ¢®. �®ª ¦¥¬ ãâ¢¥à¦¤¥­¨¥  ). �®â ä ªâ, çâ® à áá¬ âà¨¢ ¥¬ë© ¯à¥¤¥« à ¢¥­
­ã«î ¯à¨ ª ¦¤®¬ x, ¤®ª § ­ ¢ [4]. �®¯ãáâ¨¬, áå®¤¨¬®áâì ­¥ ï¢«ï¥âáï à ¢­®¬¥à­®©. �®£¤  áãé¥-
áâ¢ã¥â â ª®¥ ç¨á«® " > 0, çâ® ª ª®¢® ¡ë ­¨ ¡ë«® ç¨á«® � > 0, ¢ ¯à®¬¥¦ãâª¥ [a; b� 
] ­ ©¤ãâáï
¤¢  ç¨á«  x0 ¨ x00 â ª¨¥, çâ® 0 < x00 � x0 < � ¨ â¥¬ ­¥ ¬¥­¥¥ Vm;H(f ;x0; x00) � ".

�ë¡¥à¥¬ ¯®á«¥¤®¢ â¥«ì­®áâì ¯®«®¦¨â¥«ì­ëå ç¨á¥« f�ng â ª, çâ® �n ! 0. � á¨«ã áª § ­­®£®
¤«ï ª ¦¤®£® �n ¢ ¯à®¬¥¦ãâª¥ [a; b� 
] ­ ©¤ãâáï ¤¢  ç¨á«  xn ¨ x0n â ª¨¥, çâ®

0 < x0n � xn < �n (19)

¨ â¥¬ ­¥ ¬¥­¥¥

Vm;H(f ;xn; x
0
n) � "; n = 1; 2; : : : (20)
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�§ ¯®á«¥¤®¢ â¥«ì­®áâ¨ fxng ¢ë¤¥«¨¬ ¯®¤¯®á«¥¤®¢ â¥«ì­®áâì, áå®¤ïéãîáï ª ­¥ª®â®à®© â®ç-
ª¥ x�. �â®¡ë ­¥ ãá«®¦­ïâì ®¡®§­ ç¥­¨©, ¡ã¤¥¬ áç¨â âì, çâ® á ¬  ¯®á«¥¤®¢ â¥«ì­®áâì fxng áå®-
¤¨âáï ª x�. �® ¯®áª®«ìªã �n ! 0, â® ¨§ (19) á«¥¤ã¥â, çâ® â®£¤  ¨ ¯®á«¥¤®¢ â¥«ì­®áâì fx0ng ¡ã¤¥â
áå®¤¨âìáï ª x�. �âáî¤  ¡ã¤¥â á«¥¤®¢ âì [4], çâ®

Vm;H(f ;xn; x0n)! 0 (n!1):

�® íâ® ¯à®â¨¢®à¥ç¨â (20). �«¥¤®¢ â¥«ì­®, ãâ¢¥à¦¤¥­¨¥  ) ¤®ª § ­®. �â¢¥à¦¤¥­¨¥ ¡) ¤®ª §ë¢ -
¥âáï  ­ «®£¨ç­®.

�¥®à¥¬  2. �ãáâì f 2 CHBV1. �®£¤  ¯à¨ «î¡®¬ ¢¥é¥áâ¢¥­­®¬ � á¯à ¢¥¤«¨¢® á®®â­®è¥-

­¨¥

lim
n!1

Ln;�(f ;x) = f(x);

¯à¨ç¥¬ áå®¤¨¬®áâì à ¢­®¬¥à­ ï ­  ¢á¥© ¢¥é¥áâ¢¥­­®© ®á¨.

�®ª § â¥«ìáâ¢® «¥£ª® á«¥¤ã¥â ¨§ â¥®à¥¬ë 1 ¨ «¥¬¬ë 2.
�¥©áâ¢¨â¥«ì­®, ¥á«¨ f 2 CHBV1, â® f 2 CHBVm ¯à¨ ­¥ª®â®à®¬ ­ âãà «ì­®¬ m, ¨ ¤®áâ -

â®ç­® ¢ ¯à ¢®© ç áâ¨ ä®à¬ã«ë (3) ¯®«®¦¨âì � =
p
!(f ; 2�=(2n+ 1)). �áâ ¥âáï «¨èì § ¬¥â¨âì,

çâ® ¯à¨ ¢ë¡à ­­®¬ �

lim
n!1

1
�(2n + 1)

= lim
n!1

1
(2n+ 1)(!(f ; 2�=(2n + 1)))1=2

= 0;

¥á«¨ â®«ìª® f ­¥ ï¢«ï¥âáï â®¦¤¥áâ¢¥­­®© ¯®áâ®ï­­®© ([6], ç. I, £«. IV, x 1, á. 109). �á«¨ ¦¥ f �
const, â® ãâ¢¥à¦¤¥­¨¥ â¥®à¥¬ë âà¨¢¨ «ì­®, â. ª. ¢ íâ®¬ á«ãç ¥ Ln;�(f ;x) = f(x) ¯à¨ ¢á¥å x.

�â¬¥â¨¬, çâ® ¢ ç áâ­®¬ á«ãç ¥, ª®£¤  f 2 CHBV1, â¥®à¥¬  2 ¡ë«  ¤®ª § ­  ¢ [7], [8],   ¯®â®-
ç¥ç­ ï áå®¤¨¬®áâì ¤«ï f 2 CHBV1 ¡ë«  ãáâ ­®¢«¥­  ¢ [9]. �à®¬¥ â®£®, § ¬¥â¨¬, çâ® â¥®à¥¬ 
2 ¢ á®ç¥â ­¨¨ á à¥§ã«ìâ â ¬¨ à ¡®â [1], [4] ¯®§¢®«ï¥â ãâ¢¥à¦¤ âì, çâ® ª« áá CHBV1 ¢ª«îç ¥â-
áï ¢ ª« áá äã­ªæ¨©, ¤«ï ª®â®àëå ®¤­®¢à¥¬¥­­® à ¢­®¬¥à­® áå®¤ïâáï âà¨£®­®¬¥âà¨ç¥áª¨© àï¤
�ãàì¥ ¨ âà¨£®­®¬¥âà¨ç¥áª¨© ¨­â¥à¯®«ïæ¨®­­ë© ¯à®æ¥áá � £à ­¦  ¯® à ¢­®®âáâ®ïé¨¬ ã§« ¬.
� ¤ çã ®¯¨á ­¨ï íâ®£® ª« áá  áâ ¢¨« �.�.�à¨¢ «®¢ (áà. [10], áá. 98{109, 203{206).
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